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a b s t r a c t

We report new insights into recombination kinetics in poly(3-hexylthiophene):methanofullerene

(P3HT:PCBM) bulk heterojunction (BHJ) solar cells, based on simultaneous determination of the density

of states (DOS), internal recombination resistance, and carrier lifetime, at different steady states, by

impedance spectroscopy. A set of measurements at open circuit under illumination was performed

aiming to better understand the limitations to the photovoltage, which in this class of solar cells

remains far below the theoretical limit which is the difference between the LUMO level of PCBM and the

HOMO of P3HT (�1.1 eV). Recombination kinetics follows a bimolecular law, being the recombination

time (lifetime) inversely proportional to the density of photogenerated charges and the recombination

coefficient g=6�10�13 cm3 s�1. We find that the open-circuit photovoltage is governed by the carrier

ability of occupying the DOS, which results in Gaussian shape and spreads in energy sE125–140 meV.

The energy position of the Gaussian DOS center (EL=0.75–0.80 eV), which corresponds to half

occupation of the electron DOS, approximates LUMO(PCBM)–HOMO(P3HT) difference. But the

recombination rate is strongly enhanced at high illumination levels, what produces the photogenerated

charge to remain in the tail of the DOS. Consequently, the electron and hole Fermi levels are unable to

reach the center of the DOS, then substantially limiting the photovoltage. Detailed theoretical analysis

of the lifetime dependence on photovoltage is provided.

& 2009 Elsevier B.V. All rights reserved.
1. Introduction

Bulk heterojunctions (BHJ) formed by an interpenetrating
blend of an optically active polymer and electron accepting
molecules constitute a very promising route towards cheap and
versatile solar cells [1,2], as recently demonstrated in progress of
automated roll-to-roll processing and solar-cell stability [3,4]. The
photovoltaic performance of the combination of poly(3-hexylthio-
phene) (P3HT) and [6,6]-phenyl C61-butyric acid methyl ester
(PCBM) in organic blends has recently increased rapidly,
approaching 6% energy-conversion efficiency [5], and 6.1% effi-
ciency was achieved using poly[N-9’’-hepta-decanyl-2,7-carbazole-
alt-5,5-(4’,7’-di-2-thienyl-2’,1’,3’-benzothiadiazole) (PCDTBT) and full-
erene derivative [6,6]-phenyl C70-butyric acid methyl ester (PC70BM)
blends [2]. Further improvements of BHJs based on rational design of
ll rights reserved.
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nte),
materials and interfaces require characterization methods that
provide elementary electronic parameters in the working conditions
of the solar cell. In particular it is very important to ascertain (i)
factors affecting open-circuit photovoltage Voc [6,7], and closely
related to this, (ii) the mechanism governing recombination kinetics
of photogenerated charge.

Impedance Spectroscopy (IS) has provided enormous success
for the determination of energetic and kinetic factors governing
the operation of dye-sensitized solar cells (DSC) [8,9]. While IS
measurement is quite straightforward, interpretation of the
results requires an appropriate conceptual framework adapted
to the specific features of a kind of devices. IS is a small
perturbation method that resolves the capacitances and resis-
tances in the system at a particular steady state. For solar-cell
characterization, the most significant range of steady-state
conditions is between open-circuit voltage (Voc) and short circuit
under illumination. Close to zero bias voltage, the operation of
reasonably efficient solar cells (with a high collection efficiency
[2]) is usually determined by charge generation. On another hand,
in the maximum power point and close to Voc, recombination
kinetics plays a major role in the current density/potential (J–V)
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curve, and hence on the device efficiency [10]. Therefore a
quantitative interpretation and modeling of the IS results in this
bias region provides essential information on device character-
istics.

In the case of DSCs, determination of electron lifetimes by IS at
voltages close to Voc has been validated with independent
methods of measurement, such as open-circuit voltage decay
[9,11,12]. In inorganic solar cells, it is possible to apply contactless
methods to determine minority carrier lifetime [13], and IS results
are in agreement with these methods too [14,15]. The convergence
of different experimental methods provides great confidence on
the significance of the results obtained by IS. We report in this
paper for the first time the application of IS to determine
simultaneously the charging characteristics (capacitance) and
recombination kinetics of BHJ solar cells in working conditions,
under illumination. The results show that energy disorder in the
electron and hole conducting materials plays a major role to
determine detailed features of carrier lifetime, and models
appropriate to interpret the experimental results are derived
below.

Several techniques have been applied to extract recombination
time [16] (lifetimes) in BHJ devices, including modulated photo-
induced absorption [17], transient absorption [18] photo-CELIV
[19,20], double-injection currents [21], and time-of-flight meth-
ods [22]. However many of these methods do not operate in open-
circuit conditions under continuous irradiation what makes it
difficult to relate them to the cell operation. Recently, two papers
have determined the capacitance and lifetime by small-amplitude
perturbation of a steady state, using transient photovoltage [23]
and impedance spectroscopy [24]. In these works, it was observed
that when the Fermi level of electrons, EFn, increases, then (i) the
lifetime decreases and (ii) the capacitance increases [23,24]. These
results indicate that it is possible to separate in BHJs the carrier
density and kinetic terms in the time constant for recombination,
provided that the chemical capacitance [25], Cm, can be measured,
which provides access to the density-of-states (DOS) of the
electron transporting phase [26,27]. However, in Ref. [23]
capacitance and lifetime are measured in different conditions,
and in Ref. [24] only the dark values have been estimated, and the
capacitance was found to decrease at strong forward bias. In the
present work, the capacitance and recombination resistance of a
state-of-art P3HT:PCBM BHJ device, with 3.1% energy conversion
efficiency, are simultaneously monitored under illumination as a
function of Voc.

These results allow us to address important questions
concerning BHJ operation. First, in contrast to Ref. [23] we obtain
that the lifetime is inversely proportional to steady-state carrier
density, which indicates that recombination probability is propor-
tional to both electron and hole concentration. In addition, based
on thermodynamic principles, the open-circuit voltage is directly
related to the separation between EFn, and the Fermi level of holes
in the P3HT, EFp[28]

�qVoc ¼ EFn � EFp ð1Þ

being q the elementary charge. One upper limit to Voc in this kind
of devices is the difference of energies between the donor highest
occupied molecular orbital, EHOMO, and the acceptor lowest
unoccupied molecular orbital, ELUMO. Since at these energy levels
the density of states is very high and no further split of Fermi
levels is possible, we should obtain VocEEg/q, where Eg=EHOMO�

ELUMO, which can be interpreted as the effective (electrical) band
gap of the blend. However, such limit is not reached in practice,
instead a linear correlation between Voc and the Eg/q is obtained,
with an average shift of �0.3 V [29].

Since molecular orbitals in disordered media spread in energy,
the shape of the DOS corresponding to electronic levels should
play a significant role in establishing Voc values. In fact EFn�EFp

difference must be governed both by the shape of the DOS around
the effective EHOMO and ELUMO values, and by the extent of filling of
available states which is established by the recombination rate.
Therefore, we conclude in this paper that both issues, the Voc

origin and charge-carrier recombination are closely related: the
DOS occupancy (carrier density) is limited by recombination
losses at high (�1 sun) illumination levels, which in turn
establishes the reachable Voc value.
2. Experimental

Solar cells of structure ITO/PEDOT:PSS/P3HT:PCBM/LiF/Al were
built following the procedure explained elsewhere [30]. The
thickness of the P3HT:PCBM blend layers was approximately
equal to 115 nm. The impedance measurements, both in the dark
and under illumination up to simulated air mass 1.5 global
(AM1.5 G) conditions, were carried out in an electrically shielded
box, that was integrated in an inert atmosphere (o0.1 ppm O2

and H2O) glovebox. The impedance measurements were per-
formed with an Autolab PGSTAT-30 equipped with a frequency
analyzer module in the frequency range of 106

�1 Hz. Ac
oscillating amplitude was as low as 20 mV (rms) to maintain
the linearity of the response. In order to measure under zero-
current conditions, a bias voltage was applied which equaled the
open-circuit voltage obtained at each irradiation level. Tempera-
ture was controlled at the solar-cell location (2271 1C) using a
Peltier cell, otherwise temperatures 440 1C were reached at 1 sun
irradiation level. The solar cells exhibited photoresponse behavior
when illuminated by a UV-filtered halogen lamp typical for these
materials in the described device layout, namely: VocE0.60 V,
IscE10.2 mA cm�2, FFE52%, and efficiency ZE3.1% at 1 sun
illumination.
3. Results and discussion

The impedance results at different illumination intensities are
shown in Fig. 1. As mentioned before, the applied bias voltage
compensates the effect of the photovoltage so that effectively the
cell is measured at open-circuit conditions, i.e., photocurrent is
cancelled by the recombination flow and jdc=0. The spectra are
characterized by a major RC arc plus additional minor features at
high frequency. The high-frequency part of the spectra may
contain information of transport and series resistance elements,
as well as dielectric contributions [24], however these effects will
not be further treated in this paper. The low-frequency arc is
attributed to recombination in the photoactive blend [9] and the
capacitance, resistance, and lifetime values, as a function of bias
voltage, are shown in Fig. 2. The resistance of the arc is the
differential recombination resistance Rrec, which is related to the
recombination current density jrec as

Rrec ¼
1

A

djrec

dVoc

� ��1

ð2Þ

with A being the device area [Fig. 2(b)].

3.1. Interpretation of the capacitance

The distribution of carriers as a function of bias voltage will be
next inferred from the measured capacitance shown in Fig. 2(a).
The capacitance results can be well understood using a model
previously described for BHJ in dark conditions [24] that is very
similar to that used for crystalline Si solar cells [15]. At open-
circuit conditions macroscopic electrical field inside the active
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Fig. 1. Impedance spectra measured under different irradiation intensities (open-

circuit conditions). Voc is marked in each spectra. The low-frequency response is

modeled by means of a parallel RC subcircuit. (a) Complete response (b) detail at

high-illumination conditions.

Fig. 2. (a) Capacitance values extracted from fits of the low-frequency arc of the

impedance spectra in Fig. 1 as a function of Voc. In the inset: Mott–Schottky curve

(1 kHz) in the dark which exhibits a straight line yielding NAE1015 cm�3,

assuming e=3 for P3HT:PCBM. (b) Recombination resistance as a function of Voc

resulting from the analysis of low-frequency impedance under various illumina-

tion levels (0.01-1 sun), following Rrec p exp(�0.76Voc/kT) (c) Recombination time

(effective lifetime) as a function of Voc calculated from the RC time constant.
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layer must be negligible, except at the metal contact where a
Schottky barrier may be formed. In fact it has been shown in
P3HT:PCBM that band bending with a corresponding depletion
zone occurs at the cathode, the P3HT-Aluminum contact [31]. This
is because P3HT is a conjugated polymer that in exposure to
oxygen and/or moisture results p-doped [32–34]. The depletion
layer capacitance can be readily recognized by a bias voltage-
dependence that follows the Mott-Schottky (MS) characteristics,
i.e., linear C�2 vs. V . A measurement of the capacitance vs. voltage
in the dark shows a straight MS curve over a wide bias-voltage
range (inset in Fig. 2(a)). This allows us to calculate the built-in
voltage (flat-band conditions at the cathode) Vbi=0.35 V and
acceptor concentration NA=1.1�1015 cm�3, assuming e=3 for
P3HT:PCBM [24]. It should be remarked that the built-in voltage
refers to one particular interface and does not set a limit to the
photovoltage in the solar cell, which is determined by the
separation of Fermi levels and selectivity of contacts [28], as
discussed later. At larger reverse bias the organic layer becomes
fully depleted because of the thinness of the layer, LE100 nm,
and the capacitance levels off to the geometric value (Cg=ee0/L).

Since the bulk active layer is p-doped, the Voc at low
illumination values is due to the rise of the electron Fermi level,
while EFp remains stationary, see Eq. (1). As EFn increases, the
capacitance is determined by two separate components. They are
connected in parallel and both are bias voltage-dependent. The
first is the surface-depletion capacitance, as already mentioned,
that increases rather slowly. The second is the chemical
capacitance, associated with the homogeneous accumulation of
charge carriers, with density n, in the photoactive layer [27,35]

CðnÞm ¼ Lq2 dn

dEFn
ð3Þ

Here the capacitance is given per unit area. It should be
observed that the voltage used in the small perturbation
measurement is dV=dEFn/q, see Eq. (2).
At increasing EFn the chemical capacitance increases steeply
and overcomes the depletion layer capacitance [15]. Furthermore,
using the zero-temperature approximation of the Fermi function
at occupancy 41% [36], the chemical capacitance follows the
shape of the electron DOS, gn, as

CðnÞm ¼ Lq2gnðEFnÞ ð4Þ

The capacitance values reported in Fig. 2(a) are well described
by the previous model. At VocE0 the capacitance coincides with
the geometric value. At low Voc values, the capacitance increases
indicating the reduction of the depletion layer thickness. For
values in excess of VocE0.35 V, the capacitance reflects the shape
of the DOS of electrons. It is important to point out that the
capacitance rapidly rises even at the highest Voc values that can be
measured. This is in contrast to the results obtained in the dark
[24], where a decrease of capacitance is observed at high applied
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bias voltage V. These experimental results therefore permit the
determination of the DOS in a restricted domain of photovoltages.

It should also be remarked that there is a shift of voltage in C–V

characteristics under illumination, with respect to dark condi-
tions, which was attributed to the charging of surface states at the
metal/organic interface in the external contact [30].

3.2. The density-of-states in the electron transport material

The description of carrier transport in organic semiconductors
usually assumes a wide DOS with a Gaussian shape [37,38]

gnðE� ELÞ ¼
Nnffiffiffiffiffiffi
2p
p

sn

exp �
ðEL � EÞ2

2s2
n

" #
ð5Þ

Here Nn is a total density per unit volume, EL is the center of the
DOS and sn the disorder parameter. This type of distribution
reflects the energy disorder caused by electrostatic [39] and steric
[40] interactions resulting from the different environment in
which each molecule is placed. The LUMO manifold then spreads
in energy as a result of long-range electrostatic (dipolar)
interactions with the surrounding disordered host [37]. This is
particularly true for a blend made up of two different, disordered
materials. It should be also pointed out that Eq. (5) is a first
approximation, and more accurate determinations of the DOS
reveal additional characteristics. Hulea et al. showed [41] that the
total DOS for poly(p-phenylene vinylene) is well described by
means of a more featured structure which includes two Gaussian
shapes. In our experiments the higher energy states are not
accessible because the recombination kinetics severely limits
occupation to the DOS tail, and therefore we maintain the
interpretation based on a single Gaussian function as stated in
Eq. (5).

A fit of the capacitance values to a Gaussian DOS is presented
in Fig. 3. In the following we discuss the representative values of
the parameters obtained from the fits of several solar cells. The
disorder parameter sn, which accounts for the broadening of the
Gaussian DOS, lies within the range 125–140 meV, in good
agreement with values found in most cases for conducting
polymers snE0.1 eV [42]. In case of pure PCBM devices, values
for sn=73 meV were reported to interpret mobility dependence
on temperature according to disordered hopping transport models
[43]. In our direct measurements the disorder parameter is
considerably higher, what points to the fact that energetic
Fig. 3. Calculated electron DOS from the capacitance values exhibiting a Gaussian

shape with total density of LUMO levels N=1.1(0.1)�1018 cm�3, center of the DOS

E0=0.76(0.02) eV, and dispersion parameter s=128(7) meV.
disorder is enhanced in the blend presumably by additional
dipole interactions.

The total electron density results in Nn=1�2�1018 cm�3. This
value appears to be very low and predicts an average distance
between the centers of PCBM molecules of 8–10 nm. From simple
geometric considerations about the volume occupation of PCBM
phase (the Van der Walls diameter of the PCBM molecule about
1 nm), the expected total density would be around NPCBM=1020

cm�3. The ratio Nn/NPCBM reaches the values within the range
1–2% for different cells. These results may indicate the existence
of additional states at higher energies as observed by Hulea et. al
[41].

The results from the fits of several cells are centered
at EL=0.75–0.80 eV. Note that this value should be associated
with effective ELUMO energy for PCBM in the blend, relative to
the Fermi level of holes in P3HT, ELEELUMO�EFp. The energy
position of the Gaussian DOS center (EL=0.75�0.80 eV), which
corresponds to half occupation of the electron DOS, results
smaller than the effective gap between the LUMO level of PCBM
and the HOMO of P3HT (Eg�1.1 eV). This is due to the fact that
the DOS of P3HT should be also broad and one may expect
Eg�ELEEFP�EHOMOE0.2eV. The different energy levels are
diagrammatically indicated in Fig. 4. The value EL=0.75�0.80 eV
should be viewed as an upper limit of the splitting of the quasi-
Fermi levels. It follows that to reach higher Voc values it would be
necessary not only blends with a large effective band gap but also
to increase the occupation of the DOS manifold. As we will see
below the DOS occupation is severely limited by the growth of the
recombination rate at high irradiation levels.

Since the doping level is relatively low, we show later that
under illumination the hole density exceeds the initial value. It is
thus possible to obtain an additional contribution to the measured
capacitance from CðpÞm , the chemical capacitance associated to the
HOMO manifold of P3HT, in addition to CðnÞm . The actual observa-
tion of CðpÞm depends on the ability to move EFp as the HOMO
occupation progresses. From Eq. (1) we obtain �qdVoc=dEFn�

dEFp, and assuming electroneutrality n=p, it is easy to show that
the relative displacement of Fermi levels depends on the ratio of
the DOS at the Fermi levels:

dEFp ¼ �
CðnÞm

CðpÞm
dEFn ¼ �

gnðEFnÞ

gpðEFpÞ
dEFn ð6Þ

As an example, in DSC composed of an organic hole conductor
(instead of liquid electrolyte) it is observed that the hole density
Fig. 4. Band structure of the P3HT:PCBM heterojunction in steady-state illumina-

tion under open-circuit conditions (V=Voc). Main dynamic processes occurring in

the blend layer: excess holes and electrons are photogenerated (1) into the P3HT

HOMO and PCBM LUMO manifolds, respectively. Charge carriers diffuse along the

diode bulk (2), and eventually recombine (3). Molecular orbitals spread in energy

(DOS) following Gaussian shapes. The occupancy level of LUMO (HOMO) states is

determined by competing photogeneration and recombination rates. This in turn

governs the achievable Voc which depends on the splitting of the quasi-Fermi

levels, �qVoc=EFn�EFp. The DOS centers are located at ELUMO and EHOMO,

respectively. The relative position of the Fermi level in the dark EF0 is also

indicated.
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increases at high forward voltage [44], and information on carrier
densities can be obtained from a separate determination of
electron and hole conductivities. However, in the case of
P3HT:PCBM solar cell this is a complex topic that lies beyond
the scope of the present work. Later in this work we comment on
the implications of a displacement of the Fermi level of both
carriers.

3.3. Recombination kinetics

The effective electron lifetime tn ¼ RrecCðnÞm can be readily
determined from the low-frequency part of the impedance spectra
[9,45], which exhibits a RC parallel circuit as observed in Fig. 1.
Following this procedure we found electron effective lifetime
values within the time interval 1–100 ms (for Voc40.4 V),
decreasing as the bias increases, as shown in Fig. 2(c). The
steady-state carrier density can be calculated by integration of the
capacitance at a given Voc value as

n¼
1

qL

Z Voc

0
Cm
ðnÞ
ðVÞdV ð7Þ

We represent in Fig. 5 the lifetime as a function of the charge
carrier n calculated from the values in Fig. 2(a). By examining this
plot one can distinguish an interval which exhibits a linear
relation with the inverse of the carrier density. Longer tn

values deviate from the linear relation because the capacitance
involved is not related to the carrier storage [Eq. (4)] but to the
junction capacitance. At high illumination levels (Voc40.6 V)
recombination time results shorter than expected. Experimental
exponents in the relation tpn�b always result within the interval
b=0.95�1.05.

Recombination time most likely refers to losses produced by
electron-hole bimolecular recombination of free carriers along the
absorber layer, although recombination routes at contact surfaces
cannot be completely excluded. Under the assumption that bulk
recombination mainly determines the loss path for electron-hole
pairs, bimolecular recombination rate is given by

dn

dt
¼ � gnp ð8Þ

where n and p correspond to the steady-state electron and hole
density, respectively. g stands for the recombination coefficient.
Doping levels extracted from the Mott-Schottky plots in Fig. 1 lie
Fig. 5. Recombination time (effective lifetime) as a function of the charge-carrier

density, which is obtained by DOS integration. A linear relationship is obtained

b=1.
within the range of p0=NAE1015 cm�3. As observed in Fig. 5
photogenerated carriers reach values of 1017 cm�3 at 1 sun
illumination (VocE0.6 V). This means that p4NA and one can
assume n=p. In order to derive a lifetime from Eq. (8) we apply
small perturbation conditions [9,11] and we obtain

dDn

dt
¼ � 2gnDn; ð9Þ

resulting

tn ¼
1

2gn
: ð10Þ

Alternatively, recalling Eq. (2) and taking into account the
recombination current density jrec=Lgn2 that is obtained from the
bimolecular law with n=p, one can obtain that R�1

rec ¼ 2gnCðnÞm , and
Eq. (10) also follows readily.

The linear relation obtained for the lifetime on charge-carrier
density in Fig. 5 then corroborates the bimolecular recombination
mechanism assumed in Eq. (8), with a constant recombination
coefficient g uniform within the illumination range used.

From the prefactor in the linear relationship in Fig. 5 one can
derive a value for the recombination coefficient [Eq. (8)] which
results in g=6�10�13 cm3 s�1. Our result coincides with values
recently obtained from transient photovoltage and absorption
signals [23] for P3HT:PCBM blends, although in this last study g
results concentration dependent. In another recent study [46]
based on steady-state current–voltage characteristics it was
suggested that the slowest carrier (holes) dominates bimolecular
recombination coefficient, assuming Langevin mechanism in
which gL=q(mh+me)/e. Since for the blend P3HT:PCBM it is widely
believed that me4mh the recombination coefficient would be
exclusively related to the slowest carrier as gh=qmh/e. However,
using characteristic values of hole mobility �10�5

�10�4 cm2

V�1 s�1[47], we obtain that the experimentally determined gogh,
by at least two orders of magnitude. Therefore the ability of
charge carriers to reach P3HT:PCBM interfaces, as derived from
mobility-related Langevin-type forms, seems to play a secondary
role in the recombination process. The limiting recombination
mechanism in P3HT:PCBM BHJs is mainly determined by specific
features of the charge-transfer process at the interface between
the acceptor molecules and the donor polymer, as discussed
further in the next Section. A similar conclusion was obtained for
DSC [48].

If G is the effective photogeneration rate of separate charge
carriers, the charge-carrier density reached in steady-state
illumination will be n=2Gtn(n). At high illumination, npG1/2

and tn is so small that the storage of photocarriers cannot
progress. We consider that this limiting effect lies behind the
points in Fig. 5 which deviate from the linear relationship at
Voc40.6 V. Since the open-circuit photovoltage is governed by the
relative occupation of the DOS, we can conclude that Voc is finally
determined by bimolecular recombination losses.

3.4. Charge transfer in disorder model

As it has been already discussed, a simple model based on
Eq. (8) provides a good description of the measured values of
recombination lifetime. However, the interpretation of the life-
time and capacitance using the simple model, opens a number of
questions that require further clarification. We next discuss these
questions in order to point out the direction for further
experimental investigations.

First, the dependence of measured lifetime on carrier density
shows that under illumination, there is a displacement of the
Fermi level of both electron and hole carriers, a question partially
commented before. Therefore the lifetime at high irradiation level
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cannot be attributed to a specific carrier, and it becomes
important to establish a more general model in which the
perturbation used to measure impedance (or any transient
method) affects both carriers. To solve this question, we present
in the Appendix the solution of impedance response of a model
that allows to define separately the lifetimes of electrons and
holes,

tn ¼ rðnÞreccðnÞm ð11Þ

tp ¼ rðpÞreccðpÞm ð12Þ

where the recombination resistances (rrec) and chemical capaci-
tances (cm) are defined in the Appendix. We have also shown in
the Appendix that the measured lifetime teff relates to those in
Eqs. (11) and (12) as

teff ¼
tntp

tnþtp
ð13Þ

According to Eq. (13), if tn{tp then teffEtn. Therefore the
lifetime measured from the frequency at the top of the impedance
arc, is that of the carrier with the shorter lifetime.

Another important question that is implied by the experi-
mental results is the need to consider the process of charge
transfer between the two components of the BHJ in more detail,
taking into account the energy disorder that is clearly revealed by
the capacitance data. In the following paragraphs, we outline a
reasonable model for dependence of lifetimes of electrons and
holes on the Fermi levels of both carriers.

From the picture of the DOS for electrons and holes outlined in
Fig. 4, we describe the electron DOS with Eq. (5) and the hole
DOS with a similar expression with parameters Np, EH and sp. We
focus on the electron lifetime tn{tp defined in Eq. (11), but
the hole lifetime can calculated by an obviously similar method.
The total carrier density can be obtained from integration of the
DOS

n¼

Z
gnðEL � EnÞFðEn � EFnÞdEn ð14Þ

where F is the Fermi-Dirac distribution function

FðE� EFnÞ ¼
1

1þexp½ðE� EFnÞ=kBT�
ð15Þ

The chemical capacitance per unit volume is obtained from
Eq. (3), by derivation of Eq. (14)

cðnÞm ¼
q2

kBT

Z
gnðEL � EnÞFðEn � EFnÞ½1� FðEn � EFnÞ�dEn ð16Þ

The essential ingredient of the calculation of the electron
lifetime is to formulate a detailed model for the recombination
rate, in order to calculate rðnÞrec defined in Eq. (A16), considering that
electrons in the occupied states of the LUMO distribution at the
energy En have a probability to recombine with the hole-contain-
ing states at the energy Ep in the HOMO distribution. The
probability of charge-transfer events at the organic/organic
interface, nrec, is a notoriously difficult subject [49] and we adopt
a relatively simple and general approach based on the assumption
of the Marcus model (or polaron hopping), involving a reorganiza-
tion energy l [50,51]

nrecðEn � EpÞ ¼ k0exp �
ðEn � Ep � lÞ2

4kBTl

" #
ð17Þ

where k0 is a parameter with dimension (cm3 s�1). The recombi-
nation flux, per unit device area, is given by the expression [52]

jrec ¼ qL

ZZ
gnðEL � EnÞFðEn � EFnÞgpðEH � EpÞ

�½1� FðEp � EFpÞ�nrecðEn � EpÞdEn dEp ð18Þ
The recombination resistance rðnÞrec is found by derivation of Eq.
(18) with respect to EFn.
½rðnÞrec�
�1 ¼

q

kBT

ZZ
gnðEL � EnÞFðEn � EFnÞ 1� FðEn � EFnÞ½ �

�gpðEH � EpÞ½1� FðEp � EFpÞ�nrecðEn � EpÞdEn dEp ð19Þ

Then the electron lifetime can be found by Eq. (11).
A useful approximation that simplifies the preceding expres-

sions, already mentioned before, is to assume that the Fermi level
separates occupied and unoccupied states (zero temperature limit
of the Fermi-Dirac distribution). Then by an integration by parts
Eq. (16) gives Eq. (4). A similar procedure allows to reduce Eq. (19),
and the resulting lifetime is

tnðEFn;EFpÞ ¼
k0

q

Z
gpðEH � EpÞ 1� FðEp � EFpÞ

� �

�exp �
ðEFn � Ep � lÞ2

4kBTl

" #
dEp ð20Þ

Using the same method we can obtain the lifetime of holes

tpðEFn; EFpÞ ¼
k0

q

Z
gnðEL � EnÞFðEn � EFnÞ

�exp �
ðEn � EFp � lÞ2

4kBTl

" #
dEn ð21Þ

Inspection of Eq. (20) shows an important conclusion. The
lifetime of electrons is practically independent of the DOS of
electrons, and so tn is governed by the DOS of holes and its
occupancy, and by the charge-transfer rate.

Simulations of the different quantities in the model, as a
function of the Fermi level of electrons, are shown in Fig. 6 for
reasonable parameter values according to the experimental
results. The main parameter is the recombination rate constant
taken k0=1�10�15 cm3 s�1 to match the values of the measured
lifetime. We present two kinds of simulations. In the first curve,
Fig. 6(d), the hole Fermi level is left stationary, so that the density
of holes is constant. This simulation allows us to conclude that the
lifetime shows a very weak dependence on EFn. The minimum
seen in Fig. 6(d) is the standard activationless point in the Marcus
model when the difference of free energies equals the
reorganization energy. The simulations also show that Eq. (20)
is an excellent approximation to the exact value of the lifetime,
calculated from Eq. (19).

In the second simulation shown in Fig. 6(d), we let the Fermi
level of holes shift as the Fermi level of electrons raises, so that the
density of holes, increases with increasing EFn, see Fig. 6(a). This
has a very large impact on the electron lifetime, that decreases
exponentially, as otherwise would be expected from the model
based on Eq. (8) already discussed before.

The factors influencing the dependence of the electron lifetime
on electron density, are illustrated in Fig. 7. If the reorganization
energy becomes larger, then the minimum is displaced to very
high Fermi level and could be unobservable. The lifetime then
simply shows power law behavior as discussed in the
experimental results.

Provided that l is high, the exponent in tpn�b depends only
on the relative displacement of the Fermi levels. Therefore, the
critical question for explaining the lifetime variation is to
determine the conditions of charge compensation. At high
irradiation level it is natural to assume n=p, as we commented
before. However, the displacement of Fermi levels depends also on
the relative values of the DOS, Eq. (6). In addition, the electrostatic
compensation may not be directly related to the number of
carriers that participate in charge transfer, e.g. if some regions of
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Fig. 6. Calculation of several quantities related to the disorder charge-transfer

model, as a function of the electron Fermi level. (a) Electron and hole density. (b)

Chemical capacitance of electrons. (c) Recombination resistance. (d) Electron

lifetime. It is assumed that the hole Fermi level decreases as EFp=�0.8EFn. In (d)

the lifetime is calculated also for constant EFp=0. The dashed line in (d) is an

approximation. Parameters used in the calculation: Nn=Np=1021 cm�3, EL=0.7 eV,

EH=�0.5 eV, sn=sp=0.1 eV, l=0.5 eV, k0=1�10�15 cm3 s�1.

Fig. 7. Calculation of electron lifetime as a function of total electron density in the

disorder charge-transfer model, for different values of the reorganization energy as

indicated. It is assumed that the hole Fermi level decreases as EFp=�0.8EFn.

Parameters used in the calculation: Nn=Np=1021 cm�3, EL=0.7 eV, EH=�0.5 eV,

sn=sp=0.1 eV, k0=1�10�15 cm3 s�1.
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the mixed phases become aggregated so that part of the numbers
of carriers are isolated. In conclusion, one important question for a
more detailed understanding of the carrier lifetime in BHJ is the
quantitative determination of the densities of electron and hole
carriers, as a function of the photovoltage.

In summary, our results show that the lifetime in BHJ solar
cells is very likely dominated by the rate of interfacial charge
transfer, which is observed to depend strongly on the relative
positions of the electron and hole Fermi levels. We have presented
a specific model based on Marcus rates that must be regarded as
exploratory, since at this point the set of available data is scarce.
We should emphasize that results in another paper [23] are
qualitatively similar but indicate a different effective recombina-
tion order. More reports on capacitance and lifetime are needed in
orden to ascertain the general features of the lifetime in BHJ and
how they relate to materials parameters.
4. Conclusion

To conclude, we have shown in this study how impedance
spectroscopy is able to reliably determine recombination kinetics
and charge–carrier density in organic photovoltaic devices under
conditions of continuous irradiation. Recombination rate is
enhanced at high illumination levels, and this is viewed as the
limiting mechanism for the photogenerated charge accumulation,
which finally states the reachable Voc value.
Acknowledgements

We are very grateful to Dr. Martijn Lenes for helpful discus-
sions, Dr. Alejandra Soriano for device preparation and character-
ization, Dr. Antoni Munar for his collaboration in experimental
set-up and Jorge Ferrando for his assistance with the design in the
temperature control of the measurement cell. We thank financial
support from Ministerio de Ciencia e Innovación under projects
HOPE CSD2007-00007, CSD2007-00010, MAT2006-28187-E,
Generalitat Valenciana project PROMETEO/2009/058, Univer-
sitat Jaume I (P1.1B2008-32), Generalitat Valenciana project



ARTICLE IN PRESS

Fig. 8. (a) Basic model of a solar cell consisting on a semiconductor material with

selective contacts to electrons and holes. Shown are the Fermi levels for electrons

EFn and holes EFp, the equilibrium Fermi level EF0, the recombination rate, Unp, the

transport levels for electrons EC and holes EV, the (photo)voltage V, and the

electrical current density, j. (b) Equivalent circuit containing the chemical

capacitances cm and recombination resistances rrec of electrons and holes.
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Appendix

This is a simple model that allows clarifying the meaning of
separate lifetimes for electrons, tn, and holes, tp, with respect to
Impedance Spectroscopy measurements, in those systems in
which the Fermi levels of both kinds of carriers can be
considerably displaced with respect to the equilibrium value. Of
course a full model for a solar cell with variation of the
concentration of two kinds of carriers, is a complex topic that
requires to stipulate a number of aspects: diffusion-drift trans-
port, charge shielding and/or electrical-field distribution via
Poisson equation, barriers at the contacts, etc. However, with
the mentioned topic in mind we consider only a slab of
semiconductor with thickness L, and perfect selective contacts
[28], for electrons at x=0 and holes at x=L, and furthermore we
assume that transport is quite fast (i.e., recombination lifetimes
are much longer than transit times) for both carriers, so that the
carrier densities are nearly homogeneous, see Fig. 8(a). This model
[53] is in practice appropriate in conditions close to open-circuit
voltage.

We calculate the small-signal ac impedance response of the
model of Fig. 8(a), given by

Z ¼ �
ĵ
ĵ

ðA1Þ

where ĵ and ĵ are the small perturbation voltage and current,
respectively. At position x, n is the density of electrons, p is the
density of electrons, Jn the flux of electrons and Jp the flux of holes
in the positive x direction. The conservation equations are

@n

@t
¼ �

@Jn

@x
� Unp ðA2Þ

@p

@t
¼ �

@Jp

@x
� Unp ðA3Þ

Here, Unp is the recombination rate, per unit volume. We do not
include carrier photogeneration terms since these not appear in
the final ac impedance equations. By integration between 0 and L,
Eq. (A2) gives

@n

@t
¼ �

1

L
JnðLÞ � Jnð0Þ½ � � Unp ðA4Þ
The electrical current at the contacts is given by

j¼ � qJnð0Þ ¼ þqJpðLÞ ðA5Þ

and the selectivity conditions imply

JnðLÞ ¼ Jpð0Þ ¼ 0 ðA6Þ

Therefore from Eqs. (A2) and (A3) we get

@n

@t
¼ � Unp �

j

qL
ðA7Þ

@p

@t
¼ � Unp �

j

qL
ðA8Þ

The next step is to consider a small harmonic perturbation over
a steady state. For example, modulation of the Fermi levels for
electron and holes, with small time-dependent voltages ĵn and
ĵp, respectively, can be stated as

EFn ¼ EFnþqĵn ðA9Þ

EFp ¼ EFpþqĵp ðA10Þ

Note that the terms with an overbar are constant with time.
Expansion of the terms in n, p in Eqs. (A7), (A8), to first order in ĵ,
gives the following results:

@n

@t
¼

cðnÞm
q

@ĵn

@t
ðA11Þ

@p

@t
¼

cðpÞm
q

@ĵp

@t
ðA12Þ

Here we have introduced the chemical capacitances per unit
volume

cðnÞm ¼ CðnÞm =L ðA13Þ

cðpÞm ¼ CðpÞm =L ðA14Þ

The expansion of Unp leads to

dUnp ¼
1

qrðnÞrec

ĵnþ
1

qrðpÞrec

ĵp ðA15Þ

where the recombination resistances (per volume) are defined as

rðnÞrec ¼ ALRðnÞrec ¼
1

q2

@Unp

@EFn

� ��1

ðA16Þ

rðpÞrec ¼ ALRðpÞrec ¼
1

q2

@Unp

@EFp

� ��1

ðA17Þ

We apply in Eqs. (A7) and (A8) the Laplace transform q/qt-io,
where o is the angular frequency of the perturbation, and we
introduce the expansions to first order in ĵ ¼ ĵnþĵp. We obtain
the set of linear equations

iocðnÞm þ
1

rðnÞrec

 !
ĵnþ

1

rðpÞrec

ĵp ¼ �
ĵ

L
ðA18Þ

1

rðnÞrec

ĵnþ iocðpÞm þ
1

rðpÞrec

 !
ĵp ¼ �

ĵ

L
ðA19Þ

Solving these equations, we arrive at the expression of the
impedance

Z ¼
1

L

cðnÞm þcðpÞm

cðnÞm =rðpÞrecþcðpÞm =rðnÞrecþ iocðnÞm cðpÞm
ðA20Þ

Then Eq. (A20) can be written in a more convenient form

Z ¼
1

L

r0

1þ ioteff
ðA21Þ
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where teff is related to the lifetimes of electrons and holes as
indicated in Eq. (13) and

r0 ¼
ðcðnÞm þcðpÞm Þr

ðnÞ
recrðpÞrec

tnþtp
ðA22Þ

Eq. (A21) shows that the impedance is a parallel RC circuit, as
indicated in Fig. 8(b), with the resistance r0. The impedance
spectrum of this model is a single arc with a characteristic
frequency orec ¼ t�1

eff . The capacitance of the circuit is deduced
from

ceff ¼
teff

r0
¼

cðnÞm cðpÞm

cðnÞm þcðpÞm
ðA23Þ

Therefore, the chemical capacitances of electrons and holes are
connected in series, which entails that ceff will be determined by
the smaller capacitance. The measured capacitance slightly
underestimates the actual cðnÞm value.
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